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Abstract. In this paper we continue the study of those conditions that guarantee the existence

of fixed points for variation mapping in the spirit of M.R. Tasković. Concretely, we provide a

general fixed point result for variation mappings defined in left-K-sequentially complete T1 quasi-
metric spaces in such a way that only lower semicontinuity from above is required instead of lower

semicontinuity. We give examples that elucidate that the assumptions in the statement of our main

result cannot be weakened. Moreover, it is shown that the CS-convergence condition by Tasković
implies left K-sequentially completeness and, thus, we retrieve the fixed point result for variation

mappings in T1 quasi-metric spaces due to Tasković. Furthermore, some fixed point theorems, among

other Caristi type fixed point results, for variation mappings are derived as a particular case of our
main result when several different quasi-metric notions of completeness are considered. Finally, we

provide a characterization of left K-sequentially completeness for T1 quasi-metric spaces via variation

mappings.
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[9] J.W. Kirk, L.M. Saliga, The Brézis-Browder order principle and extensions of Caristi’s theorem,
Nonlinear Anal., 47(2001), 2765-2778.

[10] J.W. Kirk, N. Shahzad, Fixed Point Theory in Distance Spaces, Springer, 2014.

[11] H.-P.A. Künzi, A note on sequentially compact quasi-pseudometric spaces, Montsch. Math.,
95(1983), 219-220.

[12] H.-P.A. Künzi, Nonsymmetric topology, in: Topology, János Bolyai Math. Studies, Budapest,

4(1995), 303-338.
[13] H.-P.A. Künzi, Nonsymmetric distances and their associated topologies: About the origins of

basic ideas in the area of asymmetric topology, in: Handbook of the History of General Topology,
C.E. Aull and R. Lowen (eds.), Kluwer Acad. Publ., 3(2001), 853-968.

[14] S.G. Matthews, Partial metric topology, Ann. New York Acad. Sci., 728(1994), 183-197.

[15] I.L. Reilly, P.V. Subrahmanyam, M.K. Vamanamurthy, Cauchy sequences in quasi-pseudo-
metric spaces, Math. Slovaca, 34(1984), 299-305.
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